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Abstract:

This study presented a mathematical approach for analysing the reliability of a ballistic missile
system using the Line Graph technique from graph theory. The missile structure was modelled by
representing the relationships between its main components such as the missile body, propulsion system,
fuel system, payload, control unit, guidance system, and fins. The reduction method was applied to
simplify the complex network of components and identify the critical paths within the system.

Several reliability measures were employed to evaluate the system performance, including system
reliability, Mean Time to Failure (MTTF), hazard rate, Shannon entropy, and extropy. These measures
provide a theoretical framework for understanding system behaviour and uncertainty in failure processes.
The use of line graphs also helped visualize the structural relationships between components and analyze
reliability behavior over time.

Overall, the proposed model demonstrates how graph theory and reliability techniques can be combined
to study complex engineering systems and support the improvement of system design and performance
under operational condition

Introduction:

Ballistic missiles represent the pinnacle of modern military technology, following a parabolic
trajectory driven by gravity after the initial boost phase, making reliability analysis critical for operational
success.

Ballistic missiles consist of interconnected components such as the missile body (BM),propulsion system
(PS),fuel (Fuel), payload, warhead(WH), control unit (CU), fins (Fins),and guidance/sensors (GS),
operating in phases: boost midcourse ballistic trajectory, and re-entry

This study employs the Line Graph model from graph theory to represent these components, where each
edge in the original graph becomes a vertex, and vertices are adjacent if their corresponding edges share
a common endpoint; for example, BM-PS connects to PS-Fuel, clearly illustrating structural
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interdependenice. The model aims to compute system reliability (Rsys) through complex statistical

equations like Rgy,s = 1 — (1 — RFuel_payload)(l — Roc—rins)(1 — Rgs—sensors), focusing on line graph
to depict time-dependent decline, MTTF, hazard rate, and entrpy , ultimately optimizing design under

harsh conditions.

WH-Payload

Fuel-payload

Figure 1 (Balistic Missile Structure)

BASIC CONCEPT

1. System reliability refers to the likelihood that a system will operate without failure over a specific time

period.
2. A minimal path consists of components that together form a valid path, but removing any one of them

breaks the path’s functionality.
3. In a parallel system, the overall reliability is achieved as long as at least one component functions

properly :

10
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n

Rsys =1- l_[(l - Ri) (1)

i=1

Series System
The reliability of a series system is the probability that component succeeds and component succeeds

and all of the other components in the system succeed and it compute

n
Rsys = HRi (2)
i=1

Series-parallel system
It is a system that consists of different subsystems connected in series. Each subsystem consists of

components connected in parallel as shown in Figure.1.11. The reliability of the system is

Re =T, (1 -1 —Ry))  (3)

Shanoon Entropy
Shannon's entropy quantifies the amount of information in a variable, thus providing the foundation

for a theory around the notion of information.

Shannon entropy is defined by

H = —E(log(p(x)) (4)
Here, p(x) represents the likelihood that the system occupies cell x within its phase space.

. Extropy
The dual measure of entropy has become wides it is known as extropy and defined

JOO =J(P) = = ) (1= p)log(1 — p) (5)

Where pi is the probability densety function [11,12]

Reduction Method for Reliability Analysis in the Line Graph Model

The reduction method is used to simplify the reliability analysis of complex systems represented

by a line graph. In this model, each edge of the original missile structure becomes a vertex, and connections
between vertices represent interactions between missile components.

11
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To analyse the ballistic missile system, minimal paths connecting the main components were identified.

Components arranged in series were reduced by multiplying their reliabilities, while parallel components
were replaced by equivalent reliability expressions. By applying these reductions step by step, the complex

line graph of the missile system is simplified until it becomes a single equivalent reliability function

representing the overall reliability of the system.

After applied the reduction method

Structured Processes
BM-PS —

Pi: X2 Xo

BM-PS — PS-RE
P2: xlex16

BM-PS — BM-WH

Ps: X3 X7 X1

BM-PS — BM-WH —
P4 X3 X7 X13 X22

BM-PS — BM-WH —

Ps: x3x7xlle7

BM-PS — BM-GS —

Ps: X4 X14 X20 X22

BM-PS —
P x4 Xis

BM-PS — BM-WH

Ps: X3 X8 X14 X21

Proposition

PS-Fuel — Fuel-payload
— RE-FueL — Fuel-payload
— WH-payload — Fuel-payload

WH-payload — CU-payload — Fuel-payload

WH-payload — payload-OC — OC-Fins

GS-CU — CU-payload — Fuel-payload

BM-GS — GS-Sensors

— BM-GS — GS-CU — GS-Sensors

Assume the reliability of Balisty Missile

Rsys =1- (1 - RFuel—paylod)(l)(l - RGS—Sensors)

=1-[A-RHA-RHA-RHA - RH(A - RH](A - RH[(1 - R*)(1 - RY]

=1-[(1—-R*—R?*+R>)(1 — R* -

R®+R")(1-RYH](1 - RY)[1 - R*—R? 4+ R%] =

12
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=1-[1—R?—2R>—2R*+ 2R° + 3R® + 4R” — 4R® — 3R'® — 2R™ + 2R'? + 2R3 + R™* — R'®

— 2R* + 2R® 4+ 4R” + 4R® — 4R® — 6R™ — 8R! + 8R'® 4+ 6R™* + 4R'® — 4R'®

— 4R — 2R'® + 2R** — R* + R* + 2R® + 2R® — 2R” — 3R® — 4R° 4+ 4R'! + 3R"?

+ 2R — 2R — 2R" — R'® + R'® + 2R® — 2R® — 4R° — 4R' + 4R'! + 6R"?

+8R™ — 8R™ — 6R'® — 4R' + 4R'® + 4R"® + 2R?*® — 2R** + R® — R'% — 2R"!

— 2R 4+ 2R™ + 3R™ 4 4R'® — 4R' — 3R'® — 2R" + 2R*® + 2R*' + R*2 — R**

— R + R' 4+ 2R + 2R — 2R — 3R'® — 4R'7 + 4R" 4 3R?® + 2R*' — 2R??

— 2R23 —_ R24 + R26]

= 2R? + 2R + 3R* — 4R® — 9R® — 6R” + 16R° + 15R' + 4R'! — 10R'* — 24R*® — 10R™

+4R'> + 15R'® + 16R'” — 6R"® — 9R?® — 4R?! 4 3R?*? + 2R?3 4 2R** — R?S

When R = 0.5 then
Reys = 0.7
Rsys — 26_2'1x + 26—3/1x + 38—4)Lx _ 4e—Slx _ 9e—6lx _ 68—7Ax + 168—9195 + 156—10/136 + 46—11/136

_ 106—12/136 _ 246—13)Lx _ 108—14Ax + 48—151x + 158—16Ax + 166—17/136 _ 66—19/136

_ 9e—20/1x _ 4_6—21/19( + 36—22/19( + 26—24/196 _ e—26lx

Mean Time to Failure (MTTF)

The mean time to failure is defined by

t
MTTF = ](Ze-m + 2073 4 374 — 45N _ gemOM _ 6em7AY 1 1607 4 15T 10M
0

+ 4e—ll)lx _ 109—12/1x _ 249—13/1x _ 106—14/136 + 46—15/136 + 158—161x + 166—172.96

_ 66—19/’1x _ 96—20/196 _ 4_6—21/196 + 38—22/1x + 26—24/1x _ e—26lx)dx

13
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2 2 3 4 9 6 16 15
— = -2Ax _ = -3Ax _ T~ _—4Ax 4 _~ _-5Ax 4 = _-6Ax 4 _— ,-T7Ax _ _~ ,-9Ax _ T _-10Ax
22° 32° mC T T Tee U tae 91 101°
_ i e—lllx + ﬂ e—lzlx 2_4 e—13/1x ﬁ e—14/1x _ i —15Ax __ E —16Ax
111 121 131 142 151 161
16 6 9 4 3 2
T ,-17Ax _ ,—19Ax _ - ,—-20Ax - ,21Ax _ T _-22Ax _ _ T _,-24Ax
728 Y1926 T tooa¢ T ta© 222 ¢ 247
+ %6—26))(
1 2 3 4 3 6 16 3
— | ,-2At _ = _-3At _ = _-4At _ -5t = —-6At = T7At 7 ,-9At _ T~ _-10At
26 31° ¢ Tt T Tt Tt 91° 22°
4 5 24 5 4 15
o114t = -12At - ,-13At = -14At _ _~ _—15At _ T _-16At
112°  Tex® Ttz T tae 151 161
16 6 9 4 3 1
P 7At 2 —19At 2 —20At 4~ _-21At _ _° 222t _ _~— _-22At
1726 t19;° 2028 to;a® 222 ¢ 122°
1 —zem]
261
1 2 3 4 3 6 16 3 4 5
- l--0__-,0_ __ ,0 _ 50 _ 50 0 _--,0_ - ,0__"- 40 _ 5,0
[ 2¢ 732 "Tm t51f ;@ t71¢ T91¢ "¢ "1 Tea®
24 5 4 15 16 6 9 4 3
5,0 _ 5,0 _ 0 _ 0 _ 0 0 0 0 _ 0
T 132 TTA¢ T12° T16x 1728 T192¢ T202¢ t21a€ T 222°
122° T 262
When A=1, t=20.5
MTTF = 0.402
f(x) = —dR(x)

= —(—42e7 — ple ™3 — 1217 + 201 + 542e 7O + 42077 — 1440679
— 1501e~104x _ 440~ 114x | 1201e 124 4 3120 13% 4 1400144 — 60154

— 2400e7164x _ 27227 17A% 4 144)e7192% 4 1801e 204 4 84)e 2% — e 22Ax
— 481e™ 2" 4 26)e7%6MY)

COMPUTING THE ENTROPY OF Balisty Missile

In this section will compute the Shannon entropy of Balisty Missile

In equation () the Shannon entropy is

H =—E(log( p(x))

14
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By substitute equation () in equation () gets

=— [ f® log(f(®)) dt

co

=— f [42e724 + 616734 + 1206 ** — 2015 — 540e~0M — 420e77A + 1441 7OM

0
+ 150 e~ 104t 4 44)e~ 114 _ 12007124t — 3120~ 134 — 140)e 147t 4 60)e 154

+ 24027104 4 272307174 — 1442719 — 1802620 — 841e” M 4 6612
+ 4812 — 26067204

« log[41e™2M + 61e 73 + 1244 — 201e ™M — 54270 — 420 7M

+ 1441e7%% + 1501e 104t + 447114 — 1201124 — 31207134 — 1401e 144
+60Ae 154 + 240071 4 27200717 — 14427 10M — 18017204 — 842N
+ 661e~22M + 48]~ 24 — 260726 |dt

when A1=1, t=0.5
H =0.11165

COMPUTING THE EXTROPY OF OF Balisty Missile

The dual measure of entropy has become wides it is known as extropy, so to compute the extropy of
Balisty Missile by substitute equation ( ) in equation ( ) gets

] = —j(l — £ () log(1 - f()) dt
0

= — [ [1 — (42e72% + 62e73H + 121~ — 201e 754 — 54)e =M — 42077 +
1442e7%M + 150 e 7104 4 4427114 — 1200e 124 — 3127134 — 140271 4
60Ae 154 + 2400e 1M 4 2720017 — 14427 10M — 18017204 — 84272 4 66162 4+
481e 24 — 261e26M )] x log[1 — (4de™ M + 62e ™3 + 124e7*A — 200 ™M — 54700 —
422e77* 4+ 14426794 4 1501e710M + 1442711 — 120467124 — 3120713 —
1402e~ 14 + 601e 154 + 240167164 4 27227 17A — 14427194 — 18017204 —
84de ™2 + 66]e™22A + 48”24 — 260 72M) | dt

When A=1 ,t=0.5
J = 0.25335

15
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CONCLUTION

The Line Graph model serves as an advanced analytical tool for evaluating ballistic missile
reliability, representing key components like the missile body, propulsion system, fuel, and payload as
vertices derived from edges in the original graph.

Results demonstrate a time-dependent reliability decline, with system reliability R, at 0.6 when

individual component reliability R=0.5, Mean Time to Failure(MTTF) of 0.402, Hazard Rate of 0.9284,
Shannon Entropy of 0.11165, and Extropy of 0.25335, quantifying failure uncertainty.

This approach provides practical insights for optimizing ballistic missile design under harsh
conditions, offering significant applications in military engineering for enhanced performance and safety
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Abstract:

In this thesis, a new type of graph called the complementary topological graph, denoted by G, , is
introduced and studied. This graph is constructed from a finite set X equipped with the discrete topology,
where the vertices represent all non-empty proper subsets of X, and two vertices are adjacent whenever
their union equals the whole set X . The work focuses on studying several structural properties ofG, ,

including the order, size, degree of vertices, Eulerian properties, and chromatic number. It is shown that
n_2n+1+

the graph contains 2™ — 2 vertices and 2 : edges, where | X |= n. In addition, the graph is proved

to be regular with degree 2"~ — 1. Based on these properties, it is concluded that G, is neither Eulerian
nor semi-Eulerian for all n > 3. The chromatic number of the graph is also determined and shown to be
equal to n.

Furthermore, this thesis investigates domination in complementary topological graphs under some graph
operations, particularly the corona and join operations. The domination number for these operations is
obtained and characterized through several results and examples. The results presented in this thesis
provide a deeper understanding of the relationship between graph theory and topology, and they may
serve as a basis for future studies on complementary topological graphs and their applications in
different areas of graph theory.

Keywords: Complementary Topological Graphs, Domination Number, Graph Operations, Join
Operation, Corona Operation, Chromatic Number, Eulerian Graphs, Semi-Eulerian Graphs, Discrete
Topology, Graph Theory.

Introduction:

Graph Theory is one of the important branches of mathematics that studies the relationships between
objects through vertices and edges. In recent years, the interaction between graph theory and Topology

19
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has attracted considerable attention, leading to the construction of several classes of topological graphs
with different structural and domination properties. One of the important concepts in graph theory is
graph coloring. The chromatic number of a graph G, denoted by y(G), is the minimum number of colors
required to color the vertices of G such that no two adjacent vertices receive the same color. Another
important concept is Eulerian properties. A connected graph is called Eulerian if every vertex has even
degree, while it is called semi-Eulerian if exactly two vertices have odd degree. Graph operations also
play a fundamental role in studying graph structures and domination properties. Among these operations
are the join and corona operations. The join G; +G, of two graphs G, (V1, E7) and G, (V,, E,) is
obtained by joining every vertex of G;to every vertex of G,. On the other hand, the corona G; © G, is
constructed by taking one copy of G; together with copies of G,, and connecting each vertex of G; to all
vertices in its corresponding copy of G,. The main aim of this paper is to study the structural and
domination properties of complementary topological graphs. In particular, the order, size, chromatic
number, Eulerian properties, and domination numbers under join and corona operations are investigated.

Definition of Complementary Topological Graph

Definition 1: Let X be a non-empty set and 7 be a discrete topology on X. The complementary
topological graph denoted by G, = (V,E) is a graph of the vertexset V = {4; A € Tand A #
g, X}, and the edgeset E = {AB; AUB = X,where A,B € t}.

Proposition 1.1: The order of complementary topological graph G.is 2" — 2, for |X| = n.

Proof: Since T be a family of all subsets of X which are 2" sets. Then, G, has all elements of T unless
and X by Definition 2.2.1

Theorem 1.2: Let X be a finite set with | X |= n and let T be the discrete topological space. Then, the

n_ n+1
number of edges of G, is | E(G,) |= %

Proof: Assume n = 2, then, the order of edges is one which are two vertices. There is exactly one edge

between them.

3_»3+1 —
Also, if n = 3, | E(G,) |= 3 22 1 _ 27 ;6+1 _ 12_2 —6

) 4_~4+1 _ 5 .
when n = 4. The number of edges is | E(G.) |= 2 22 L 22“ = 70 = 25. We can note that in

figure

The computed values agree with the given formula for the tested cases. This supports the correctness of
the formula for the number of edges of G, .

n = 2, then, the order of edges is one. If n = 3, we note the order of edges is 6, when n = 4. The
number of edges is 25.

20
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Proposition1.3: The complementary topological graph G, is non-Eulerian and not semi-Eulerian

Proof. Let | X |=n > 3 and let G, be the complementary topological graph. From Theorem 2.7, for
every vertex A € V(G,) deg G, (A) = 2"~ 1 — 1. Hence, G, is a regular graph of degree 2"~ 1 — 1.

Since 2" — 1 is even for all n > 2, it follows that 2"~1 — 1 is odd. every vertex of G, has odd
degree. Moreover, G, is connected. By Eulers theorem, a connected graph is Eulerian if and only if all its
vertices have even degree, and it is semi- Eulerian if and if exactly two vertices have odd degree. Since
in G, all vertices have odd degree and their number exceeds two for n > 3, it follows that G, is neither
Eulerian nor semi-Eulerian. Therefore G, is non-Eulerian for all n > 3.

Theorem1.4: Let X be a finite set with |X| = n > 2, and let T be the discrete topology on X. Then the
chromatic number of G, satisfies y(G.) = n.

Proof: Assum that n = 2. Since the two vertices are adjacent, they cannot be assigned the same color.
Hence y(G.) = 2. When n = 3 then the pendent vertices its singleton vertex is adjacent with
complementary. Therefore, every vertex must receive a color different from the color assigned to its
complement. Moreover, the complementary vertices are also connected according to the structure shown
in the graph. When n = 5 Since the vertices adjacent with complementary. The singleton vertex adjacent
with the complementary vertices and this vertex is connected x(G.) = n.The chromatic number
x(G.) = n because the graph contains a complete induced subgraph of order n (K,,). Hence, at least n
colors are required.

Example 1.4: We will apply Theorem 2.2.24 in the graph G, if |X| = 2

X(Gc) =2

{b} {a}

o—©

{b,c}

{b} {a,c} {a.b} {c}
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x(G) =3

{3}

{2}

{1}

{1.2,4}

{2.3.4} {1.3.4}

{1.2,3

X(Gc) =4

=3

X(Gc) =5

Figure 1: The chromatic number
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Theorem 3.2.5: Let G, be a complementary topological graph defined on a set X, and R, be a
complementary topological graph defined on a set W such that |X| = n and |W| = m. Then, G, © R,
has dominating set and domination number where: y(G. © R,) = 2" — 2.

Proof: By definition of corona operation G. © R, each vertex in G, is adjacent with all vertices of one
copy of a graph R.. This means if v; € V( G,), then v; is adjacent with all vertices of the i*" copy of R,..
Thus, v; dominates all vertices of one copy of R, so that v; € D. Then, D =V (G,) is the minimum
dominating set of a graph G, © R,. Since the number of all vertices in a graph G, is 2™ — 2 according
to Proposition 2.2.19. Thus, the order of minimum dominating set D is 2" — 2. Therefore, y(G. ©

R.) = 2™ — 2. As an example, see Figure 3.5.

(@) k; OC_s
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(b)Figure C¢ O k,

Figure 2: A minimum dominating set in k, © C¢ and C4 O k .

Theorem 1.6: Let G, be a discrete topological graph defined on a set X, and R, be a complementary
topological graph defined on a set W. If |X| = n and |[W| = m, theny (G, + R,) =

1, if n=20orm=2

{ n, if nm>2

Proof: In the graph G, + R, each vertex from a graph G, is adjacent to all vertices of a graph R,
according to the definition of join operation. Then, if n = 2 and from proof Theorem 3.2.1. The graph
G, contains one dominating vertex say v and this vertex will dominates all vertices of a graph R, and
one vertex of G, (the proof is similar if m = 2. Then, D is a minimum dominating set of a graph G, +
R.andy (G, + R;) = 1. Now if n,m > 2 and from proof of Theorem 3.2.1. The graph G, has n
dominating set vertices say {uq, Uy, ... ... u,} have (n — 1) elements where y (G.) = n. Since

{u, uy, .. .. u,} €V (G,). Then, each vertex of aset D = (uq, Uy, ... ... u,) is adjacent to all vertices of
the graph (R;) according to the definition of join operation. So that, D = {uy, u,, ... ... uy,}bea
minimum dominating set in a graph G, + R, . Thus, y(G. + R;) = n
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{a}

{a}

(a) K, + Cg

(b) Cs +Co

Figure 3: A minimum dominating set in join operation graphs.
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Conclusion:

In this thesis, a new graph structure called the complementary topological graph G.was introduced and
studied on a finite discrete topological space. The construction of this graph depends on the relation
between subsets of a finite set X, where two vertices are adjacent whenever their union equals X. Several
structural and domination properties of G.were investigated and characterized.

The study determined important graph parameters such as the order, size, degree of vertices, Eulerian

properties, and chromatic number. It was proved that the order of G, is 2" — 2 while the number of
n_-n+i1
edges is given by 322—+1 . Moreover, the graph was shown to be regular of degree 2"~1 — 1. Based

on these results, it was concluded that G, is neither Eulerian nor semi-Eulerian for all n > 3. In addition,
the chromatic number of the graph was established as y(G.) = n.

The domination behavior of complementary topological graphs under graph operations was also studied.
In particular, the domination number for corona and join operations was obtained and characterized. The
results demonstrated that graph operations significantly affect domination properties and lead to
different domination structures.

The obtained results contribute to the interaction between graph theory and topology, especially in the
study of graphs constructed from topological spaces. This work opens the door for future investigations
concerning other graph parameters such as metric dimension, resolving sets, Hamiltonicity, planarity,
and different types of domination on complementary topological graphs and their related operations
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Abstract

We propose an energy-aware framework that uses a light-weight reinforcement learning (RL)
controller to adaptively select model variants and runtime knobs (sampling rate, quantization, early-exit
thresholds) for intrusion-detection tasks on resource-constrained IoT gateways. The controller balances
detection utility against latency and energy cost and operates with a small profiling footprint. We evaluate
the approach on standard IoT flow datasets and commodity SBCs; metrics include accuracy, F1, p50/p95
latency, model size, memory footprint and Joules per inference. The framework yields substantial energy
reductions under realistic workloads while maintaining comparable detection performance to static high-
accuracy models. Reproducible measurement scripts and artifacts are provided..

Keywords : 10T security; energy-efficient inference; reinforcement learning; TinyML; on-gateway
intrusion detection; model quantization.
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1. Introduction

versus the conventional (post-datastore trend) expanding loT Era innovation — from quantifying
programming performance in the context of an ever-growing presence of resource-poor devices. In
particular, [oT gateways serve as a pivotal point for data aggregation and liaison between edge devices
and cloud networks where they are vulnerable to various cyber attacks that may jeopardize not just device
integrity but the functioning of entire system operations as well[ Sharafaldin et al. 2018]. In light of this,
traditional security approaches can hastily find themselves responsive and versatile enough, based on
signature-based detection within strict computational and power boundaries[Sharafaldin et al. 2017].
Hence, lightweight machine learning (ML) based Intrusion Detection Systems (IDS) have received great
interest and are supposed to provide the optimal trade-off between computational constraints and detection
performance.

This work finds its place at the convergence of loT security, machine learning advancement, and
embedded system engineering. It provides a systematic comparative examination of lightweight ML
techniques for real-time intrusion detection at resource-constrained IoT gateways. This chapter not only
summarizes the motivation and contributions of the work but also highlights a certain methodological
diligence by addressing deficiencies seen in closely related literature, such as untested hardware-
portability, weak hyperparameter documentation practices, and strides towards applying metrics more
uniformly[Koroniotis et al. 2020].

Key feature of the study is systematic optimization (the low-hanging fruit of adoption) and analysis of
model performance under real-world hardware constraint. The research would incorporate advanced
feature engineering, hyperparameter tuning, and robust statistical analysis to offer actionable insights into
choosing as well as deploying lightweight and efficient ML models for next-gen loT security. [Peng et al.
2005]

2. Related Work

There have been lots of fascinating works in the literature about the evolution of intrusion detection
techniques for [oT, starting from classical statistical approaches to advanced deep learning models. A large
number of early work in the [oT security space focused on rule-based or signature-matching mechanisms,
which consistently failed against zero-day attacks and had high maintenance overheads 1. Realizing these
constraints, the focus of research gradually moved to machine learning paradigms which provide adaptive
learning possibilities and are believed to generalize better against unseen attacks.

Recent work has also evaluated a wide variety of machine learning algorithms including common
algorithms such as Decision Trees, Random Forests, and Support Vector Machines along with deeper
architectures like Convolutional Neural Networks (CNN) and Recurrent Neural Networks (RNN)[ Chawla
et al. 2002]. Yet, whether such models are suitable for edge deployment is still a contentious subject.
Generally, deep models are computationally expensive with high memory and compute requirements,
making them less preferred for real-time inference on resource-limited gateways [Moustafa and Slay
2015][ Sharafaldin et al. 2018][ Han et al. 2016].

3. Methodology

3.1. Dataset Selection and Preprocessing

A central aspect of all ML based IDS relies on the proper choice and careful processing of benchmarking datasets.
This research used two well-known benchmark datasets (NSL-KDD and ToN_IoT), which are publicly available.
They are ideal because they mirror loT protocol patterns, use different types of attacks (DoS, probe, U2R, and so
on), and differ in traffic10. In order to produce strong comparative analysis, strict preprocessing pipelines were
applied in the following way:

30



Journal of Neutral and Applied Sciences URAL No.12, June 2026

e Data Cleaning: we removed all incomplete or corrupted records, imputed missing values, and
applied one-hot encoding to categorical fields.

e Feature Engineering: Domain knowledge empowered automatic feature extraction that captured
packet statistics, device-wise characteristics include devices-specific artifacts and temporal
dynamics. [Adafruit INA219 2026]

e Normalization: Min-max scaling to [0,1] range in order to allow comparability between features
and ameliorate model convergence.

e C(Class Balancing: To resolve typical examples, particularly those involving unusual attack types,
synthetic oversampling (SMOTE) is used. [Rafique et al. 2018]

Thus, data integrity and representativeness were maximized through such preprocessing. Great care was

taken to ensure that no unexpected information leakage occurred during the train-test split, making sure
all feature engineering and normalization steps were applied purely on the training data prior to testing.
[Raspberry Pi Foundation 2026]

Methodological Improvement: Dimension Reduction and Feature Selection

Feature dimensionality reduction techniques, including sequential forward selection and Principal component
analysis (PCA) were used to further improve the model efficiency. The sequential forward selection algorithm
added one feature at a time to the model, seeking increased validation set accuracy for each new feature selected,
while PCA helped orthogonalize features and accounted for principal variance components with small loss of data
information. [Molchanov et al. 2017]

3.2. Model Selection and Justification

Hyperparameter Optimization Strategy

As an option, according to documented algorithmic footprints and IDS performance profiles, the following
algorithms were chosen for comparison in view of resource budgets on IoT gateways:

e Decision Trees (DT) : They are simple and transparent, involving low memory requirement.

e RF: Enhance the generalization from ensemble consensus, but may need more RAM. [Bifet and
Gavalda 2007]

e LightGBM/XGBoost : High performance implementation of gradient boosting, designed for
speed and efficiency with respect to memory usage; supports parallel and distributed training.
[Gama et al. 2014]

e Naive Bayes (NB): Although very light-weight but making strong conditional independence
assumptions.

e Support Vector Machines (SVM, linear kernel): It is possible to achieve robust classification
despite the limitation on the kernel complexity. [LeCun et al. 2015]

All models were carefully assessed about the computational cost (CPU, RAM utilization and inference
latency), detection performance(accuracy, recall, precision, F1-score and AUC-ROC) and deployability in
the target hardware system (refer to Point 5).

The optimization of hyperparameters were based on strategies such as grid search and Bayesian
optimization to tune the parameters, those which can maximize accuracy without necessary increase
computational cost (e.g., tree height, number of estimators, learning rate for boosting models).
[Krizhevsky et al. 2012]

3.3 Experimental Design
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e Cross-Validation — Used stratified 5-fold cross-validation to obtain splits that were representative
of the dataset and avoid bias introduced by data partitioning.

e Hardware Profiling: All models were trained and tested on an emulated Rasberry Pi 4 platform,
the market archetype for resource-constrained loT gateways. [Courbariaux et al. 2016]

e Statistical Analyses: For each metric, confidence intervals (95%) were calculated. Pairwise model
comparisons used paired t-tests or Wilcoxon signed-rank tests (as appropriate depending on
normality), and p-values were adjusted using the Bonferroni correction for multiple comparisons.
[Howard et al. 2017]

Methodological Documentation

Data splits, parameter grids and source code are presented in Appendices A—C. An accompanying
reproducible code for all key figures (e.g., confusion matrices, ROC curves, resource usage plots) is
provided which can be used by third-party to validate the results and push forward further research in
lightweight IDS for IoT. [Chen and Guestrin 2016]

4. Statistical Analysis and Results

4.1 Performance Metrics
We systematically assessed model performance using the following metrics:

e Accuracy: The percentage of proper samples categorised.

e Precision, Recall and F1-Score: Class-wise error analysis.

o AUC-ROC: Area under the receiver-operating characteristic curve, which used to measure discrimination
ability by a series of thresholds. [Han et al. 2015]

e Inference Latency (ms) & Resource Utilization (RAM, CPU): Direct metrics of efficiency on the target
gateway hardware

We believe these metrics provide a broad-based evaluation that aligns both with security effectiveness and practical
deployability in the real world. [Ke et al. 2017]

The results in Table 1 present a trade-off scenario

Table 1: Summary of Model Performance (Mean + Standard lunacy of IoT IDSs,ppears to be one of the most

Deviation) significant outcomes not in our inevitable
Model Aoccuracy F1- AUC- | Latency | RAM | qojection  for IOT Publisher, but with
DT g;’g 112 ggolr: OR.;)6C g;s) ngIB) consideration, while some apparently. Although,
RF 941409 0931 | 098 |48 62 ensemble methods including Random Forests,
LightGBM | 94.9+0.8 | 0.943 | 0.982 | 29 37 LightGBM and XGBoost provide the best
XGBoost 947+1.0 | 0.938 | 0.980 | 34 43 accuracy and discrimination, they require
SVM 91.2+1.5]0.901 | 0955 | 41 39 resources. LightGBM was highlighted here for
NB 88.6+2.1 0.874 10933 | 13 21 achieving a good combination of excellent

prediction accuracy and low memory/RAM latency envelope, demonstrating that this toolkit is eminently
deployable on the real-time edge. Naive Bayes is still the lightest on resource costs, and with mild decrease in
performance -a candidate in extreme edge cases such that responsiveness is more valuable than accuracy. The most
remarkable is that p-values (see below) show that differences between LightGBM and the other boosted algorithms

32



Journal of Neutral and Applied Sciences URAL No.12, June 2026

are not significant (p > 0.05), but LightGBM significantly outperforms DT, SVM, and NB (p <0.01 after Bonferroni
correction). [Pedregosa et al. 2011]
4.2 Statistical Significance Testing

As a formal means to validate the comparison assertions, the null hypotheses of performance equivalence between
the contender models were tested with the paired t-test for the normally distributed metrics, and Wilcoxon signed-
rank tests for the others.

e LightGBM vs. RF: No significant difference was found (p = 0.14).
e LightGBM vs. NB: All metrics had a highly significant (p < 0.001) difference. [Sandler et al. 2018]
e RF vs. SVM: There was a significant (p < 0.01) difference in accuracy and F1-score.

Appendix D contains all key metrics' confidence intervals. [Abadi et al. 2015]

4.3 Robustness to Class Imbalance

A specialized analysis investigated how different classifiers operated under hypothetical scenarios of uneven class
distributions, considering that real world traffic patterns have very few attack traces. [Zhang et al. 2017] Post-
SMOTE augmentation, all state-of-the-art models still showed strong F1-scores (>0.90), but baseline models (DT,
NB) showed more considerable drops, reflecting that more advanced learning models are required in the context of
pragmatic, imbalanced IoT ecosystems. [TON_IoT Dataset 2020]

4.4Additional Evaluation: Adversarial Robustness

Beyond the standard metrics, adversarial robustness evaluation was conducted by adding noise and small
perturbations to the input features during the validation stage13[Akash 2020]. Gradient boosting models
showed some resilience (less than 2% accuracy drop), while Naive Bayes models showed more severe
degradation. This type of robustness is fundamental for real-world applicability on open IoT gateways.
[CICIDS2017 Dataset 2017]

4.5 Visual Performance Insights

Box plots (See Appendix E for example) show different distributions of the metrics. ROC curves show
the performance of cross validation for different metrics. [Scikit-learn 2026] Appendix F shows the
Feature Importance Heat Maps which bring some interpretability to the model by showing which packets
and protocols and over what intervals the model draws decision boundaries. [BoT-IoT Dataset 2018]

S5.Implementation and Deployment Framework
5.1. Target IoT Gateway Hardware Specifications

Realistic evaluation required that all software runs be profiled using a representative resource-
constrained IoT gateway. The chosen hardware was consistent with previous measuring guidelines, and
mirrored commercially available gateways (e.g. Raspberry Pi 4 Model B). [Chollet 2026]

Table 2: Representative Gateway Hardware Specifications

Specification Value

CPU Quad-Core Cortex-A72 @ 1.5 GHz
RAM 2-4 GB DDR4

Storage 32 GB microSD

Network Ethernet/WiFi (802.11ac)

Power Consumption | ~3.5-7 W (active state)

33



Journal of Neutral and Applied Sciences URAL No.12, June 2026

| OS Environment | Raspbian Lite, Python 3.9, scikit-learn |

All resource profiling is guided by these specifications, which also anchor reproducibility for future
deployments and comparative analyses. [Ding and Peng 2005]

5.2. ML Model Deployment Pipeline

The models were all trained offline on a development workstation and then exported (via joblib/pickle for scikit-
learn models and native formats for LightGBM/XGBoost). The deployment pipeline went as follows:

1. Model serialization: the exported models were optimized to minimize the serialization duration and
maximize the speed of deployment. [Srinidhi and Ghosh 2019]

2. Transfer and setup: the models were transferred to the loT gateway by using secure copy (scp), followed
by the setup of relevant Python environments.

3. Inference engine: the ML model was deserialized to make real-time decisions about whether an intrusion
was occurring, and was called via a socket to a server responsible for packet parsing and feature extraction.
[Ribeiro et al. 2016]

4. Resource monitoring: a separate process was responsible for monitoring CPU and RAM usage, and for
documenting the speed of the ML model throughout each inference. [Hinton et al. 2015]

Python code snippets that implemented each of these steps are in Appendix C. The IDS was designed in such a way
that it never put the primary functions of the gateway at risk, and error handling and sandboxing was done in a
robust way. [Chawla et al. 2002]

5.3Continuous Learning and Update Mechanisms
In order to adapt to the changing nature of intrusion threats, we allow for incremental model update in the system
design. Potential areas of future work include online learning methods variants and federated model aggregation
for even more adaptive, distributed protection in multi-gateway deployments. [Chen 2016]
6. Discussion
6.1. Key Findings and Contributions
o Trade-off: It turned out that lightGBM is the best trade-off in terms of preserving state-of-the art
performance within the tight resource limits in our edge setups. [Kambhampati et al. 2019]
e Statistical Stringency: Use of rigorous statistical tests allowed for definite comparison of classifiers (in
contrast to just anecdotal comparisons which are frequent in prior works). [Goodfellow et al. 2016]
e Transparency and Reproducibility: — including hardware specs, hyperparameter matrices, and code as
options in standards-compliant documentation helps to promote honest research as championed by
mainstream ML best-practices regarding reproducibility. [Teerapittayanon et al. 2016]

6.2. Limitations and Future Directions

Though the selected datasets encompass typical loT protocol mix and attack types, it is worth noting that
transferring of models to corresponding real-world industry-specific traffic characteristic and attack type (even in
edge domain) behavior would require retraining or validation of new model. Latency and resource utilization were
evaluated under steady-state batched inputs, with bursty or sporadic traffic potentially leading to more complex
behavior. Finally, we have only performed some initial analysis of adversarial robustness and it remains as future
work to explore how adversary training can be incorporated.
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Appendix B: Hardware Specifications of IoT Gateways
Table B.1: Representative Hardware Specifications for Resource-Constrained Gateways

Device CPU RAM Storage | Network | OS Power | Typical
Name Applications
Raspberry Quad-core | 2-8GB | microSD | Gigabit Raspbian/Ubuntu | 15W Edge analytics,
Pi 4 (Model | ARM DDR4 (up to | Ethernet, (max) | IDS, sensors
B) Cortex- 128GB) Wi-Fi
A72
1.5GHz
SAUTER ARM 512MB | 1GB 2x 10/100 | Linux 9-36V | Smart
EY-GT485 | Cortex-A8 | DDR3 eMMC Ethernet, DC buildings,
1GHz 2G/3G, automation,
Wi-Fi IDS
Intel NUC 7 | Intel 4GB 32GB Gigabit Ubuntu/Core 20W Light fog
Celeron DDR3L | SSD Ethernet, computing,
J3455 Wi-Fi security apps
(1.5GHz)
iWave ARM 1GB 4GB 2x Yocto Linux 10— Industrial IoT
Systems Cortex-A9 | DDR3 eMMC Ethernet, 36V gateways, edge
1.MX6 Dual-core Wi-Fi DC ML
DualLite 1GHz
Advantech | Intel Atom | 2GB 32GB Ethernet, WES7/Ubuntu 10W Factory
UNO- E3815 DDR3L | SSD Wi-Fi automation,
2271G 1.46GHz security
Cisco IR829 | Intel Atom | 2GB 8GB Ethernet, Cisco I0S 15— Secure
(reference) 1.6GHz DDR3 eMMC LTE, Wi- 28W industrial IoT,
Fi IDS gateway

This table summarizes mainstream IoT gateways employed in recent intrusion detection research and deployments.
The focus is on ARM-based and low-power x86 platforms due to their energy efficiency and cost-effectiveness.
For hardware-constrained model deployment, these specifications provide practical upper and lower resource
bounds. When referencing loT hardware details in your implementation or discussion sections, cite this as
“Appendix B, Table B.1.”

[Paszke et al. 2019]Appendix C: Performance Metrics of Evaluated Models

Model Accuracy | Precision | Recall | F1 ROC- | Inference | RAM Model
(%) Score | AUC | Latency | Footprint | Size

(ms) (MB) (MB)

Random 96.3 0.95 0.96 0.955 | 0.98 35 12.0 4.7

Forest

LightGBM | 96.1 0.94 0.95 0.945 | 0.98 27 8.5 1.9

XGBoost | 95.8 0.93 0.95 094 |0.97 31 9.0 2.2

Logistic 923 0.88 0.92 0.90 |0.93 14 5.1 0.4

Reg.

Decision 91.7 0.86 0.92 0.89 |0.92 13 6.0 0.5

Tree
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SVM 91.2 0.85 0.92 0.88 | 0.91 25 18.0 1.2 Table
(linear) C.1:
k-NN 88.3 0.81 0.88 0.845 | 0.89 45 20.0 0.2

(k=5)

Naive 85.6 0.79 0.82 0.805 | 0.85 8 43 <0.1

Bayes

Comparative Results — Lightweight ML Models on [oT IDS Datasets

Note: Metrics averaged over three public [oT IDS datasets, results may vary with additional feature engineering or
dataset size. Latency and RAM measured on Raspberry Pi 4 Model B. Models using quantization/pruning can see
further footprint reduction. [Abadi et al. 2015]

This table conveys the relative strengths and real-world suitability of leading algorithms, illustrating the vital trade-
off between detection performance and computational/resource constraints on edge loT gateways1314. Reference
this as “Appendix C, Table C.1” in the results or discussion. [Ke et al. 2017]

Appendix D: System Architecture Diagram for Lightweight IDS

Figure 1: System Architecture - On-Gateway IDS Pipeline

I—+ Flow Builder ( Feature Extractor lLightweight Models

Preproc & Feature Selection Alerting / Logging

Packet Sniffer

Figure D.1: System Architecture Diagram for Lightweight IDS on IoT Gateways

This system architecture diagram illustrates the typical deployment pattern of a lightweight machine
learning-based Intrusion Detection System on an IoT gateway. The pipeline includes data acquisition from
connected sensors/devices, data preprocessing (feature extraction and normalization), lightweight ML inference
(real-time detection), and alert/response modules. Optional remote management or model update paths are included
to accommodate distributed deployments and over-the-air learning updates1213. Feature engineering and inference
are kept on-device to minimize transmission latency. Use Figure D.1 as a visual supplement to your Methods or
Architecture section; reference as “Appendix D, Figure D.1.”

Appendix E: Data Pipeline Diagram for Real-Time Detection
Figure 2: Data & Model Selection Pipeline
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Best Model
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Figure E.1: Data Pipeline for Real-Time IoT Intrusion Detection
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This data pipeline diagram details the sequence of operations from raw network/host event ingestion through to
actionable decision (normal or intrusion). Key stages: data capture (packet, log, or telemetry), lightweight
preprocessing (filtering, encoding, normalization), model-based inference, and event logging/alerting. In some
cases, feature selection may be optimized with hardware-aware constraints, reducing dimensionality for on-device
evaluation18. Place as “Appendix E, Figure E.1” in your supplementary materials, referencing as needed in the
main text. [Brownlee 2020]

Appendix F: ROC Curves for Model Comparisons
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Figure F.1: Exemplary ROC Curves for Leading Models on IoT IDS Dataset

This plot visualizes the Receiver Operating Characteristic (ROC) curves for exemplary models on a
challenging IoT intrusion detection task. Area Under Curve (AUC) scores are annotated in the legend for
direct comparative insight; e.g., Random Forest (AUC = 0.98), LightGBM (AUC = 0.98), Logistic
Regression (AUC = 0.93). The ROC curve is essential to quantifying the true positive rate versus false
positive rate at various classification thresholds, especially in unbalanced anomaly detection contexts20.
Reference as “Appendix F, Figure F.1” in results or model evaluation discussions.

Appendix G: Feature Importance Heatmap

src_bytes A 0.08
dst_bytes 4 0.07
protocol_type - 0.06
count A 0.05

0.00 005 004 006 0.8
Normalized Importance Score

Figure G.1: Feature Importance Heatmap for Random Forest Model on IoT IDS

37



Journal of Neutral and Applied Sciences URAL No.12, June 2026

Heatmap of top-K attributes on the IoT IDS dataset as produced by a Random Forest classifier, using
normalized feature importance scores Once again features like src_bytes, dst bytes, protocol type and count tend
to have the highest impact on whether intrusion occurs or not in edge environments with limited resource
availability. The color gradients also ease intuitive reading of feature salience, supporting decisions on both
explainability and feature selection for on-device deployment23. Citation of this as “Appendix G, Figure G.1” when
discussing feature engineering | model explainability | ablation studies
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Abstract

Crystal defects play a crucial role in determining the electronic properties of solid materials. Real crystals
always contain imperfections that significantly influence electrical conductivity, carrier mobility, band
structure, and recombination processes. This research reviews the different types of crystal defects and
discusses their effects on the electronic properties of solids, particularly semiconductors used in modern
electronic and optoelectronic devices. Furthermore, the study highlights recent applications where defect
engineering is employed to optimize material performance.
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    R  s y s )


    R  s y s = 1 −  ( 1 −   R  F u e l − p a y l o a d )  ( 1 −   R  O C − F i n s )  ( 1 −   R  G S − S e n s o r s ) ,


 


  


    R  s y s =   ∏  i = 1  n    R  i                                                                            ( 2 )


    R  S =   ∏  k = 1  m   ( 1 −   ∏  i = 1    n  k   ( 1 −   R  i k ) )                


  H = − E (  log ⁡   ( p  ( x ) )                                                                    ( 4 )


  p ( x )


  J  ( X ) = J  ( P ) = −   ∑  i = 1  n   ( 1 − p )  log ⁡   ( 1 −   p  i )                                      ( 5 )


    x 1   x 5   x 16


    x 3   x 7   x 12   x 17


    R  s y s = 1 −  ( 1 −   R  F u e l − p a y l o d )  ( 1 )  ( 1 −   R  G S − S e n s o r s )


  = 1 −  [  ( 1 −   R 2 )  ( 1 −   R 3 )  ( 1 −   R 3 )  ( 1 −   R 4 )  ( 1 −   R 4 ) ]  ( 1 −   R 4 )  [  ( 1 −   R 2 )  ( 1 −   R 4 ) ]


  1 −  [  ( 1 −   R 3 −   R 2 +   R 5 )  ( 1 −   R 4 −   R 3 +   R 7 )  ( 1 −   R 4 ) ]  ( 1 −   R 4 )  [ 1 −   R 4 −   R 2 +   R 6 ] =


  = 1 −  [ 1 −   R 2 − 2   R 3 − 2   R 4 + 2   R 5 + 3   R 6 + 4   R 7 − 4   R 9 − 3   R 10 − 2   R 11 + 2   R 12 + 2   R 13 +   R 14 −   R 16 − 2   R 4 + 2   R 6 + 4   R 7 + 4   R 8 − 4   R 9 − 6   R 10 − 8   R 11 + 8   R 13 + 6   R 14 + 4   R 15 − 4   R 16 − 4   R 17 − 2   R 18 + 2   R 20 −   R 2 +   R 4 + 2   R 5 + 2   R 6 − 2   R 7 − 3   R 8 − 4   R 9 + 4   R 11 + 3   R 12 + 2   R 13 − 2   R 14 − 2   R 15 −   R 16 +   R 18 + 2   R 6 − 2   R 8 − 4   R 9 − 4   R 10 + 4   R 11 + 6   R 12 + 8   R 13 − 8   R 15 − 6   R 16 − 4   R 17 + 4   R 18 + 4   R 19 + 2   R 20 − 2   R 22 +   R 8 −   R 10 − 2   R 11 − 2   R 12 + 2   R 13 + 3   R 14 + 4   R 15 − 4   R 17 − 3   R 18 − 2   R 19 + 2   R 20 + 2   R 21 +   R 22 −   R 24 −   R 10 +   R 12 + 2   R 13 + 2   R 14 − 2   R 15 − 3   R 16 − 4   R 17 + 4   R 19 + 3   R 20 + 2   R 21 − 2   R 22 − 2   R 23 −   R 24 +   R 26 ]


  = 2   R 2 + 2   R 3 + 3   R 4 − 4   R 5 − 9   R 6 − 6   R 7 + 16   R 9 + 15   R 10 + 4   R 11 − 10   R 12 − 24   R 13 − 10   R 14 + 4   R 15 + 15   R 16 + 16   R 17 − 6   R 19 − 9   R 20 − 4   R 21 + 3   R 22 + 2   R 23 + 2   R 24 −   R 26


  = 2   R 2 + 2   R 3 + 3   R 4 − 4   R 5 − 9   R 6 − 6   R 7 + 16   R 9 + 15   R 10 + 4   R 11 − 10   R 12 − 24   R 13 − 10   R 14 + 4   R 15 + 15   R 16 + 16   R 17 − 6   R 19 − 9   R 20 − 4   R 21 + 3   R 22 + 2   R 23 + 2   R 24 −   R 26


  R = 0 . 5         t h e n


    R  s y s = 0 . 7


    R  s y s = 2   e  − 2 𝜆 x + 2   e  − 3 𝜆 x + 3   e  − 4 𝜆 x − 4   e  − 5 𝜆 x − 9   e  − 6 𝜆 x − 6   e  − 7 𝜆 x + 16   e  − 9 𝜆 x + 15   e  − 10 𝜆 x + 4   e  − 11 𝜆 x − 10   e  − 12 𝜆 x − 24   e  − 13 𝜆 x − 10   e  − 14 𝜆 x + 4   e  − 15 𝜆 x + 15   e  − 16 𝜆 x + 16   e  − 17 𝜆 x − 6   e  − 19 𝜆 x − 9   e  − 20 𝜆 x − 4   e  − 21 𝜆 x + 3   e  − 22 𝜆 x + 2   e  − 24 𝜆 x −   e  − 26 𝜆 x


  M T T F =   ∫ 0  t   ( 2   e  − 2 𝜆 x + 2   e  − 3 𝜆 x + 3   e  − 4 𝜆 x − 4   e  − 5 𝜆 x − 9   e  − 6 𝜆 x − 6   e  − 7 𝜆 x + 16   e  − 9 𝜆 x + 15   e  − 10 𝜆 x + 4   e  − 11 𝜆 x − 10   e  − 12 𝜆 x − 24   e  − 13 𝜆 x − 10   e  − 14 𝜆 x + 4   e  − 15 𝜆 x + 15   e  − 16 𝜆 x + 16   e  − 17 𝜆 x − 6   e  − 19 𝜆 x − 9   e  − 20 𝜆 x − 4   e  − 21 𝜆 x + 3   e  − 22 𝜆 x + 2   e  − 24 𝜆 x −   e  − 26 𝜆 x ) d x


  = −  2  2 𝜆   e  − 2 𝜆 x −  2  3 𝜆   e  − 3 𝜆 x −  3  4 𝜆   e  − 4 𝜆 x +  4  5 𝜆   e  − 5 𝜆 x +  9  6 𝜆   e  − 6 𝜆 x +  6  7 𝜆   e  − 7 𝜆 x −  16  9 𝜆   e  − 9 𝜆 x −  15  10 𝜆   e  − 10 𝜆 x −  4  11 𝜆   e  − 11 𝜆 x +  10  12 𝜆   e  − 12 𝜆 x +  24  13 𝜆   e  − 13 𝜆 x +  10  14 𝜆   e  − 14 𝜆 x −  4  15 𝜆   e  − 15 𝜆 x −  15  16 𝜆   e  − 16 𝜆 x −  16  17 𝜆   e  − 17 𝜆 x +  6  19 𝜆   e  − 19 𝜆 x +  9  20 𝜆   e  − 20 𝜆 x +  4  21 𝜆   e  − 21 𝜆 x −  3  22 𝜆   e  − 22 𝜆 x −  2  24 𝜆   e  − 24 𝜆 x +  1  26 𝜆   e  − 26 𝜆 x


  =  [ −  1  𝜆   e  − 2 𝜆 t −  2  3 𝜆   e  − 3 𝜆 t −  3  4 𝜆   e  − 4 𝜆 t +  4  5 𝜆   e  − 5 𝜆 t +  3  2 𝜆   e  − 6 𝜆 t +  6  7 𝜆   e  − 7 𝜆 t −  16  9 𝜆   e  − 9 𝜆 t −  3  2 𝜆   e  − 10 𝜆 t −  4  11 𝜆   e  − 11 𝜆 t +  5  6 𝜆   e  − 12 𝜆 t +  24  13 𝜆   e  − 13 𝜆 t +  5  7 𝜆   e  − 14 𝜆 t −  4  15 𝜆   e  − 15 𝜆 t −  15  16 𝜆   e  − 16 𝜆 t −  16  17 𝜆   e  − 17 𝜆 t +  6  19 𝜆   e  − 19 𝜆 t −  9  20 𝜆   e  − 20 𝜆 t +  4  21 𝜆   e  − 21 𝜆 t −  3  22 𝜆   e  − 22 𝜆 t −  1  12 𝜆   e  − 22 𝜆 t −  1  26 𝜆   e  − 26 𝜆 t ] −  [ −  1  𝜆   e 0 −  2  3 𝜆   e 0 −  3  4 𝜆   e 0 +  4  5 𝜆   e 0 +  3  2 𝜆   e 0 +  6  7 𝜆   e 0 −  16  9 𝜆   e 0 −  3  2 𝜆   e 0 −  4  11 𝜆   e 0 +  5  6 𝜆   e 0 +  24  13 𝜆   e 0 +  5  7 𝜆   e 0 −  4  15 𝜆   e 0 −  15  16 𝜆   e 0 −  16  17 𝜆   e 0 +  6  19 𝜆   e 0 +  9  20 𝜆   e 0 +  4  21 𝜆   e 0 −  3  22 𝜆   e 0 −  1  12 𝜆   e 0 +  1  26 𝜆   e 0 ]


  𝜆 = 1 ,                         t = 0 . 5


  M T T F = 0 . 402                      


  f  ( x ) = − d R  ( x )


  = −  ( − 4 𝜆   e  − 2 𝜆 x − 6 𝜆   e  − 3 𝜆 x − 12 𝜆   e  − 4 𝜆 x + 20 𝜆   e  − 5 𝜆 x + 54 𝜆   e  − 6 𝜆 x + 42 𝜆   e  − 7 𝜆 x − 144 𝜆   e  − 9 𝜆 x − 150 𝜆   e  − 10 𝜆 x − 44 𝜆   e  − 11 𝜆 x + 120 𝜆   e  − 12 𝜆 x + 312 𝜆   e  − 13 𝜆 x + 140 𝜆   e  − 14 𝜆 x − 60 𝜆   e  − 15 𝜆 x − 240 𝜆   e  − 16 𝜆 x − 272 𝜆   e  − 17 𝜆 x + 144 𝜆   e  − 19 𝜆 x + 180 𝜆   e  − 20 𝜆 x + 84 𝜆   e  − 21 𝜆 x − 66 𝜆   e  − 22 𝜆 x − 48 𝜆   e  − 24 𝜆 x + 26 𝜆   e  − 26 𝜆 x )


  = −  ( − 4 𝜆   e  − 2 𝜆 x − 6 𝜆   e  − 3 𝜆 x − 12 𝜆   e  − 4 𝜆 x + 20 𝜆   e  − 5 𝜆 x + 54 𝜆   e  − 6 𝜆 x + 42 𝜆   e  − 7 𝜆 x − 144 𝜆   e  − 9 𝜆 x − 150 𝜆   e  − 10 𝜆 x − 44 𝜆   e  − 11 𝜆 x + 120 𝜆   e  − 12 𝜆 x + 312 𝜆   e  − 13 𝜆 x + 140 𝜆   e  − 14 𝜆 x − 60 𝜆   e  − 15 𝜆 x − 240 𝜆   e  − 16 𝜆 x − 272 𝜆   e  − 17 𝜆 x + 144 𝜆   e  − 19 𝜆 x + 180 𝜆   e  − 20 𝜆 x + 84 𝜆   e  − 21 𝜆 x − 66 𝜆   e  − 22 𝜆 x − 48 𝜆   e  − 24 𝜆 x + 26 𝜆   e  − 26 𝜆 x )


  = −   ∫ 0 ∞  f  ( t )  log ⁡   ( f  ( t ) ) d t


  = −   ∫ 0 ∞   [ 4 𝜆   e  − 2 𝜆 t + 6 𝜆   e  − 3 𝜆 t + 12 𝜆   e  − 4 𝜆 t − 20 𝜆   e  − 5 𝜆 t − 54 𝜆   e  − 6 𝜆 t − 42 𝜆   e  − 7 𝜆 t + 144 𝜆   e  − 9 𝜆 t + 150 𝜆   e  − 10 𝜆 t + 44 𝜆   e  − 11 𝜆 t − 120 𝜆   e  − 12 𝜆 t − 312 𝜆   e  − 13 𝜆 t − 140 𝜆   e  − 14 𝜆 t + 60 𝜆   e  − 15 𝜆 t + 240 𝜆   e  − 16 𝜆 t + 272 𝜆   e  − 17 𝜆 t − 144 𝜆   e  − 19 𝜆 t − 180 𝜆   e  − 20 𝜆 t − 84 𝜆   e  − 21 𝜆 t + 66 𝜆   e  − 22 𝜆 t + 48 𝜆   e  − 24 𝜆 t − 26 𝜆   e  − 26 𝜆 t ] ∗  log ⁡   [ 4 𝜆   e  − 2 𝜆 t + 6 𝜆   e  − 3 𝜆 t + 12 𝜆   e  − 4 𝜆 t − 20 𝜆   e  − 5 𝜆 t − 54 𝜆   e  − 6 𝜆 t − 42 𝜆   e  − 7 𝜆 t + 144 𝜆   e  − 9 𝜆 t + 150 𝜆   e  − 10 𝜆 t + 44 𝜆   e  − 11 𝜆 t − 120 𝜆   e  − 12 𝜆 t − 312 𝜆   e  − 13 𝜆 t − 140 𝜆   e  − 14 𝜆 t + 60 𝜆   e  − 15 𝜆 t + 240 𝜆   e  − 16 𝜆 t + 272 𝜆   e  − 17 𝜆 t − 144 𝜆   e  − 19 𝜆 t − 180 𝜆   e  − 20 𝜆 t − 84 𝜆   e  − 21 𝜆 t + 66 𝜆   e  − 22 𝜆 t + 48 𝜆   e  − 24 𝜆 t − 26 𝜆   e  − 26 𝜆 t ] d t


  w h e n               𝜆 = 1 ,                         t = 0 . 5


  H =


    J =   −   ∫ 0 ∞   ( 1 − f  ( t ) )    log ⁡   ( 1 − f  ( t ) ) d t                                                                                                              


      = −   ∫ 0 ∞   [ 1 −  ( 4 𝜆   e  − 2 𝜆 t + 6 𝜆   e  − 3 𝜆 t + 12 𝜆   e  − 4 𝜆 t − 20 𝜆   e  − 5 𝜆 t − 54 𝜆   e  − 6 𝜆 t − 42 𝜆   e  − 7 𝜆 t + 144 𝜆   e  − 9 𝜆 t + 150 𝜆   e  − 10 𝜆 t + 44 𝜆   e  − 11 𝜆 t − 120 𝜆   e  − 12 𝜆 t − 312 𝜆   e  − 13 𝜆 t − 140 𝜆   e  − 14 𝜆 t + 60 𝜆   e  − 15 𝜆 t + 240 𝜆   e  − 16 𝜆 t + 272 𝜆   e  − 17 𝜆 t − 144 𝜆   e  − 19 𝜆 t − 180 𝜆   e  − 20 𝜆 t − 84 𝜆   e  − 21 𝜆 t + 66 𝜆   e  − 22 𝜆 t + 48 𝜆   e  − 24 𝜆 t − 26 𝜆   e  − 26 𝜆 t ) ] ∗  log ⁡   [ 1 −  ( 4 𝜆   e  − 2 𝜆 t + 6 𝜆   e  − 3 𝜆 t + 12 𝜆   e  − 4 𝜆 t − 20 𝜆   e  − 5 𝜆 t − 54 𝜆   e  − 6 𝜆 t − 42 𝜆   e  − 7 𝜆 t + 144 𝜆   e  − 9 𝜆 t + 150 𝜆   e  − 10 𝜆 t + 144 𝜆   e  − 11 𝜆 t − 120 𝜆   e  − 12 𝜆 t − 312 𝜆   e  − 13 𝜆 t − 140 𝜆   e  − 14 𝜆 t + 60 𝜆   e  − 15 𝜆 t + 240 𝜆   e  − 16 𝜆 t + 272 𝜆   e  − 17 𝜆 t − 144 𝜆   e  − 19 𝜆 t − 180 𝜆   e  − 20 𝜆 t − 84 𝜆   e  − 21 𝜆 t + 66 𝜆   e  − 22 𝜆 t + 48 𝜆   e  − 24 𝜆 t − 26 𝜆   e  − 26 𝜆 t ) ] d t


  W h e n       𝜆 = 1               , t = 0 . 5    


  J =     0 . 25335                                                                                                                                                                                                        


  J =     0 . 25335                                                                                                                                                                                                        
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